
Previous Up Next Article

Citations

From References: 8
From Reviews: 1

MR748928 (86a:58081)58F20 (30D05 58F11)

Ghys,Étienne (F-LILL)
Transformations holomorphes au voisinage d’une courbe de Jordan. (French. English
summary) [Holomorphic transformations around a Jordan curve]
C. R. Acad. Sci. Paris Śer. I Math.298(1984),no. 16,385–388.

Denote byU an open neighbourhood of the Jordan curveJ in the plane and byF :U → C a
univalent map. Suppose further thatJ is invariant underF , which preserves the orientation of
J , and denote the restriction ofF to J by f . By combining conformal mapping with Denjoy’s
theorem on homeomorphisms of the circle, the author shows that eitherf has a periodic point or
every orbit off is dense inJ .

The real numberα is said to satisfy a Diophantine condition if there existβ ≥ 0, c > 0 such
that for every rationalp/q one has|α− (p/q)| ≥ cq−(2+β). If α is the rotation number off and
if α satisfies a Diophantine condition it is shown thatJ must in fact be an analytic curve and
in the neighbourhood ofJ the mapF is analytically conjugate to the rotationz → e2πiαz in the
neighbourhood of the unit circle.

If g(z) = e2πiαz + · · · , α irrational, is analytic in the neighbourhoodW of 0, defineS to be
a maximal connected open set such that0 ∈ S ⊂ W and such thatS is invariant underg andg
is analytically conjugate to a rotation inS. If α satisfies a Diophantine condition then such anS
exists and, moreover, if the boundary ofS is a Jordan curveJ ⊂ W , thenJ contains a critical
point ofg.

Reviewed byI. N. Baker
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